If 12 is an open set in R", and if N(£l, X) is the number of eigenvalues of -A (with Dirichlet boundary conditions on d£2) which are < X (k > 0), one has the asymptotic formula of Weyl
Here 1121 is the volume of SI and C n = (47r)~~n /2 r(l + njiy 1 .
The same holds [3] if R" is replaced by a Riemannian manifold, M, with 1121 being the Riemannian volume and A being the Laplace-Beltrami operator. One purpose of this note is to state that there often exist bounds of the form
with D n , E n independent of X and 12 and depending only on M. (la) holds for noncompact M if condition (8), below, holds. In particular, (la) holds for R" and for homogeneous spaces with curvature < 0. (lb) always holds for compact M, and it also holds for noncompact M if condition (9) holds.
REMARK.
There is an asymptotic formula Consequently, one need consider only the case V --V_ in (3). The asymptotic formula (2) has been extended to
AMS (MOS) subject classifications (1970
by Simon [10] . Using his methods and (3), one easily extends (2) 
Our proof of this theorem uses the Wiener integral in an essential way and will be published elsewhere.
To apply (7) we choose fit) = 0,t<a, f(t) = b(t -a),t> a, for some a, b > 0 such that (6) holds. To prove (3), we assume
This holds for R n (A = (4Ti)~n^2) and for homogeneous spaces with curvature < 0. Next we use (5) with j8 = -a and then (7) with a = 0.
To prove (la) we assume (8) . For (lb) we require a bound of the form
+B, VJC G M, Vf > 0, which always holds for compact M, for example. In either case, using (4) and (7) with a = -X, N(Sl, X) < f a dx J o°° r l e' tl2 G(x, x\ (lXf x i)f{t)dt.
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